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A hybrid Analytical and Discrete Based
Methodology to Calculate Path Scallop
of Helical Toroidal Cutter in Five-Axis
Milling

This paper presents a new method to calculate path scallop height of
toroidal cutter during free-form surface machining in five-axis milling. The
scallop height was defined as the distance between the tool intersection
point and the normal point on the part surface. The tool intersection point
was determined analytically by implementing the grazing method to define
the swept curve of toroidal cutter. Meanwhile the normal surface on the
part surface was determined using a hybrid analytical and discrete based
methodology. The part surface was discretized by a number of normal
vectors, then, they were used for defining the part surface mathematically.
In this study,the effect of helical angle of cutting edge was taken into
consideration in the model development. The proposed model was
successfully used to generate the path scallop data for two model parts
with free-form surface profiles. The effect of helical angle to the scallop
height was also tested and the results showed that the helical angle tends
to decrease the scallop height. The verification test to check the accuracy
of the proposed method was performed and the results proved that the

method was accurate.
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1. INTRODUCTION

In milling operation, there are three parameters that are
commonly used to define the quality of the machined
surface: 1) machining tolerance, 2) scallop height, and
3) surface roughness. The desired surface quality should
be taken into account in designing the machining
process [1]. In multi-axis milling, the scallop height
gives the most significant effect to the accuracy of
machined surface. There are four main factors that
influence the scallop height, 1) cutting tool geometry, 2)
tool orientation, 3) part surface geometry, and 4) the
distance between adjacent tool paths (step over). In
order to achieve the expected surface quality, the
scallop must be well controlled. However, due to the
complexity of the part surface and tool orientation, the
scallop height is difficult to calculate and it cannot be
represented easily. The method to determine the scallop
height during sculptured surface machining in five-axis
milling is still a major challenge.

Several studies [2-5] developed models for
calculating the scallop height for ball-end mill to
achieve an optimal tool path. Most of the proposed
method calculated the scallop height using analytical
approaches. Analytical approach was used to calculate
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the cut geometry and scallop height in five axis milling
because it was much faster and more accurate when
compared to the discrete approaches [6-8]. Several
researchers [9-13] investigated the effect of both
inclination fand tilt angle to the scallop height in five-
axis milling.The studies showed that, with the same tool
inclination angle, a flat-end tool results in the smallest
scallop height compared with a toroidal and a ball-end
tools. The scallop height does not vary with the
inclination angle when cutting is using a ball-end tool,
while it is significantly reduced for a toroidal tool at
small inclination angles. In more detail, a flat-end tool
even gives more scallop height reduction than the
toroidal tool with the same inclination angle. The higher
the corner radius of a toroidal tool, the higher the
scallop height is, and vice versa.Numerous studies have
been performed to investigate the effect of tool
inclination angle to the scallop height. In contrast to
this, the study on the effect of helical angle to the
scallop height is still lack.

Many analytical studies [14-22] addressed the issue
on toroidal cutter in five-axis milling by simply appro—
ximating an inclined cutter geometry by two common
primitive geometries, either circle or ellipse. Senatore et
al. [16] represent the tool swept envelope by calculating
the effective radius of toroidal cutter due to the
inclination angle. Then, the scallop height with respect
to radius of part surface is calculated and finally the
optimal step-over can be determined. Others studies
[17-22] defined the inclined flat and ball end mills as an
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ellipse. Mathematically, the shape of swept curves of
inclined flat and ball end mill, which are projected into
2D, can be precisely determined by parametric equation
of ellipse curve. However, this approach is not
applicable to toroidal cutter. Toroidal cutter is decom—
posed into cylindrical surface and toroidal surface.
Consequently, determining the swept curve when the
inclination angle exists becomes much more compli—
cated. To overcome such problem, Kiswanto et al. [6]
developed an analytical method, which is called grazing
method, to define the swept curve of an inclined toroidal
cutter. This method was proven effective to calculate
cutter workpiece engagement in five-axis milling.

This paper presents a hybrid method to calculate the
scallop height produced by a toroidal cutter during a
free-form part surface. The proposed method was a
combination of analytical method and the discrete
vector based methodology, in which discrete normal
vectors were used to describe the part surface as
proposed by [8]. The present study was addressed to
improve the drawback of the existing method in
representing the swept curve of inclined toroidal
cutter.In this study, the grazing method to define the
swept curve of inclined toroidal cutter was used to
define the intersection point between toroidal cutter of
two successive tool paths. Moreover, the effect of
helical angle was taken into consideration in the model
development.

2. SWEPT CURVE CALCULATION

Geometrically, toroidal-end cutter was decomposed into
cylindrical and toroidal surface as depicted in Figure la.
The representation of toroidal surface with respect to the
tool coordinate system (TCS) was described by the
following equation,

x (1, +7sind)sing
Gr (@A) v |=|(r, +rsind)cosg (1)
z F—FrcosQ
where r is minor radius of cutter and r,, is the distance
between cutter centre point and the minor radius.

Meanwhile 4 and ¢ denote the toroidal angle and
engagement angle, respectively.
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Figure 1 a) Geometry of cutting tool, b) tool orientation due
to inclination angle
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In five-axis machining, the tool can be rotated in any
direction. Part with sculptured surfaces can be machined
efficiently by controlling the tool to move and rotate
dynamically with respect to the part surface normal
(curvatures). For the purpose of analytical
representation of moving surface generation of the
cutting tool, appropriate operators of the coordinate
system transformations are required. Therefore, two
coordinate systems as illustrated in Figure 1b were
employed to represent the position and orientation of the
tool. They are workpiece coordinate system (WCS),
which is the reference coordinate frame, and tool
coordinate system (TCS). To calculate the coordinate
transformation, it should be related to a specific
machine kinematics. WCS is a fixed frame which is
represented by the basis vector x, y, z, while TCS is
denoted by u, v, w. The operator [M] to map coordinate
system from TCS to WCS involving the tool rotation
about x-axis (6,), y-axis (6p) and also translation at T
was expressed as follow,

cos g 0 sinfp Xy
sinf sinfp cosf, -—sinf, cosbp yr

[M]= @)

cosf,sinfp sinf, cosf cosbp zp
0 0 0 1

On the other hand, the local coordinate frame with
orthogonal basis vector u,v,w, which was located at the
cutter contact point (CC-point), was defined as,

cosa 0 sing
w=| 0 1 0 [[0 0 1] =[sina 0 cosa] 3)

sine 0 cos

U=VXW 4)

Despite toroidal cutter was constructed by two
surfaces, cylindrical and toroidal surface, the swept curve
was only located on the toroidal surface. Swept curve was
derived from the method to define grazing point in the
swept envelope development. As mentioned by [6], the
swept envelope was constructed by three points, forward
boundary (egress point), envelope boundary (grazing
point) and backward boundary (ingress point). Swept curve
was obtained by using the tangency function as follow,

F(19,¢,p) - NST(IZWJ) 'VST(lW,p) =0 ®)
where N Sr(0) is the cutter surface normal and Vg, is

the cutter moving vector. With the same method, the
swept curve was constructed by calculating the point
coordinate at every engagement angle. The surface
normal of an arbitrary point @ on toroidal surface in
TCS was described by,

9Gy 961 sin A.sin @
Ng. = oA 9 =|sinA.cos@ (6)
T |oGr| |9Gy —cos A
oA | |og oo

When (6) was transformed to the moving frame, it
yields to,
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*Sy | [cosp —sing 0] [cosy 0 siny]| [x

S
SzySZ=sin(p cosp O|x| 0 1 0 |x|y

0 0 1| |siny 0 cosy| |z

ZSZ
(7

The velocity of an arbitrary point @ on the toroidal
surface was determined as follow,

VGT =Vr +wx@ (8)

where w and @ denote the angular velocity and the

position vector from T to Q, respectively. Since the
model was developed by assumed that the tool was
static, hence there was no angular motion (w = 0).
Therefore, the velocity vector in (8) was equal to V7 and
the tangential function was determined as follows:
Flo.p.p) =sinAsin(@).(Vp,u)+

©)
+sin A.cos(@).(Vr,v)—cos A.(Vr,w)=0
Due to V1 was perpendicular to v, then Vr.v = 0.
Finally, the toroidal angle of the swept point was
calculated as a function of engagement angle as follow:

— tan”! Vew
ﬁ(¢’) =t Lin[(go)].(VT.u)] 10

After A, was obtained, the coordinate of swept
curve point as a function of engagement angle in WCS
was calculated as follow,

() (1o31.20) = [M1Gr (13 4 (11)

3. EFFECT OF HELICAL ANGLE TO THE TOOL
ORIENTATION AND SWEPT SURFACE

The milling cutters with straight teeth have
disadvantage in which each edge begins to cut the
material on its entire length that creating very strong
efforts with discontinuities of the load on the tool. It can
be followed by the shock effect that causes vibration
that is dangerous to the quality of the machined surface.
For this reason, the cutter with helical angle was
introduced to eliminate such problem. Helical angle (y),
which is also called lag angle in solid cutter, makes the
cutting tool engages with the workpiece gradually. The
existence of helical angle makes the length of cut larger.
In this section, the impact of the helical angle to the
actual tool orientation and the shape of swept surface
will be discussed.

3.1 Identifying the tool mapping operator and the
tool orientation angles during five-axis milling

When a helical angle is introduced to the cutting tool, it
changes the orientation of the cutting edge. The
orientation of the cutting edge is not in the same
direction to the orientation of the cutting tool. By
assuming that the tool moves in the X-direction, a
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helical angle makes the tool rotates about the Y-axis as
depicted by Figure 2. The actual cutting edge orien—
tation at every engagement angle can be determined by
calculating two representative points on the cutting
edge, Six (a(Syr), (WIS, [()] N(Sy) and
c(x¢Yerze). Parametric equation of the cylindrical cutting
tool was used to define the coordinate of both points.
Point Sy is point S that is rotated about the Y-axis by
helical angle. Point S is an arbitrary point on the cutting
edge when ¢ = 0, while point c is a point at the bottom
of the cutting edge. Let’s take the coordinate of point S
and point ¢ for a toroidal tool as follow:

s:(O,rm,r+5)andc=(0,rm,r) (12)

where r,, denotes the minor radius of cutting tool. Then
the coordinate of point Sy and point ¢ with respect to the
engagement angle were defined by transforming them
about Y-axis by helical angle and about Z-axis by
engagement angle, as expressed as follows:

xs
X
S| sy | = Rot(Zo)<Rot (1. p)x(s] 13)

ZSZ

¥y | [cosgp —sing 0] [cosy 0 sing] [x]
Syls, [=sing cosp 0] 010 |x x| (19

0 0 1] [siny 0 cosy| |z |

ZS/'L’

Xe

| y. |=Rot(Z,p)x[c]=|sing cosp 0] y. | (15)
0 0 1| z

c

cosp —sing O xc_

Zc

The orientation of cutting tool relative to WCS due
to helical angle was determined by calculating the
cutting edge rotation about the X-axis and the Y-axis as
depicted in Figure 2b. They were calculated as follows,

[ s

60, =tan & (16)
X zg
X
Xs,, —Xc¢
0, =tan~' | -4 —— (17)
zs
4

0y =tan”! (xsl_xc)cosgA =tan”' (tan@, cos@, | (18)
g, =tan” | ~—————= |=tan ) oy,

ZSZ

The characteristic of a free-form milling is the tool
can be oriented in any direction. The tool orientation
was defined using the tool orientation angles, 6, and G5.
When a helical angle exists, the orientation angles of the
cutting edge are changed. Once again, the actual cutting
edge rotation can be determined with the aid of point Sy
and point c¢. They are not only rotated by y, but also
rotated by 6, and 6. Then, (13) and (15) changed to
become,
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SZ (‘xSZ’ySZ’ZSz)=R0t(X’9A)XR0t(Y’HB)X

XRot(Z,p)xRot (Y, x).[s]

(19)

%z, Yer2e) = Rot(X,6,)xRot (Y, 05 )x Rot (Z,9).[c] (20)

cutting \
LdE

(a) (b)

Figure 2Effect of helical angle to the cutting edge
orientation with respect to the engagement angle

Once Sy and ¢ were determined, then the actual
cutting edge orientations (61(ALy), 6L(BLy)) (could be
defined using (16)— (18). Finally the mapping operator
when a helical angle exist with respect to 6,, and 05,
was expressed by,

[M], h=Rot(X,0, (4, x))xRot(Y.0, (B, x))=

(cosO) (B, x))&0&sind, (B, x)@
| @sin®) (4, x)sin6, (B x)&cosb) (B x)& 20
&cosO) (A x)&—sinb, (A4, y)cosb, (B y)@

@—cosO) (A, x)sin6, (B, x)&sin6 (A4, %)

3.2 Effect of helical angle to the shape of swept
surface

The shape of swept surface of a solid cutting tool is
always similar whether it is with or without a helical
angle. A different condition was found when a non-solid
cutting tool (index-able milling tool) was used. The
helical angle gave an effect to the swept surface. As
depicted in Figure 3a, when a helical angle exists, the
tool radius at the bottom side was different to the one at
the upper side (R,). The radius of the cutting tool equal to
R is only located at the bottom side.

[
»

() (b)
Figure 3 a) Swept surface of flat-end tool with helical angle,
b) orientation of cutting edge

The tool radius increased with the increasing of the
tool height (/). Therefore, the actual radius of toroidal
cutter as a function of axial depth of cut, R(/), was
expressed as follows,
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- (r—rcosﬂ.)sin;( 22)
= tan -—_—
v Iy +rsind

+rsind
RZ(A,)Zrm rSin (23)

cosy
GTZ ((ﬂ,ﬂ)=[RZsin¢7 R, cosg (r—rcosi)cos;{}T (24)

where 0 <A <90 and y is the lag angle as can be seen in
Figure 3b. The lag angle is the engagement angle of Sy
relative to the engagement angle of S.

4. PATH INTERSECTION POINT

The equation to obtain the intersection point between
the swept curve of current cutting path and that of
adjacent cutting path, which is called path intersection
point (PI-point), was derived by referring to Figure 4.
PI-point was denoted by Ic. Since the tool orientation
was set without tilt angle, then, the angle of cc-point (7)
of the current cutting path and that of the subsequent
cutting path were similar. It also made the intersection
point located in between of point cc; and cc,. The

distance between /. andcc-point was calculated by,
|cc1 —cey |
== 25
5 (25)

Meanwhile the angle of the CC-point relative to the
part surface was expressed as follow,

t=sin™! (R%j (26)

where R =1[Rf +R}2, . R, and R, were the radius of

surface curvature. The method to define the radius of
surface curvatures were discussed by [8]Then, the
coordinate of intersection point was mapped to tool
coordinate system by 7 as follows,

XIe 1 0 0
Ic| v |=]0 co.sr —sin7 xGTZ(wlc;/llc) 27)
Z1e 0 —-sin7 cosT

The coordinate of /c(x;c, yic, zic) could be defined
after the toroidal angle of intersection point (1;c) was
obtained. With respect to local coordinate system, then
vic = m. Since y;c was identified, A;c was then defined
by extracting(27) only for y,c as follow,

Yie =((rm +rsindy )COS(/)IC )cosr—(r—rcosﬂ,c)sinr (28)

There were two unknown variables exist in (28), A;c
and ¢;c. Therefore, one of them need to be converted so
that only one unknown variable remaining. By
rearranging (10), then it was expressed by,

\/((VT.u)sin/llc )2 —((VT.w)cosﬂlc )2

(Vpa)sin Ay, @9

o] o]
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side view
(a) (b)

front view
Figure 4 Intersection point of adjacent tool path, a) front
view, b) side view

After converting cos[(p;c)] in (28) by cos[(¢;c)] in
(29), finally, (28) yielded to become a polynomial
equation as follow,

(az)tg +(2ab)t’ +(2ac+b2 +f2)t6 +

+(2ad +2bc)£° +(2ae+2bd+c2 —fz)t4 + (30)
+(2be+2cd)t3 +(2ce+d2)t2 +(2de)t+(e2)

where,

t=sinA

a= (r2 (VT.u)2 +7? (VT.W)2)0056+1’2 (VT.u)2 sin’ r}

. :2rerOSZ 6((VT.u)2 +(VT.W)2”

_(r,ﬁ (VT.u)2 +r2 (VT.W)2 - (VT.w)z)cos2 t
€= ) €1y
~(r(ra)sinz+y(Vra)) —(r2 (VT.u)2 sin’ T)

d= [—Zrmr(VT .w)2 cos? T:l

[0y )ine]

The roots of polynomial could be determined by
using software programming such as Matlab. From (30),
it generated eight possibility of . Among those roots,
however, only one ¢ that can be converted into ;¢ for
obtaining intersection point correctly. The correct one
was selected by following these rules,

a. ¢ must be within 0 and 1,
b. if more than one ¢ fulfil the first criteria, then the
one that gives y;c = m will be selected.

Once A was obtained, then the engagement angle
(pL(ILC)) could be determined using (29). The
coordinate of Pl-point, Ic(Xic, Yic, Zic), Was calculated
using the equation below,

IC(xICsYIc’ZIC)=[M]GTZ(¢[CJ~[C) (32)

5. SCALLOP HEIGHT CALCULATION
The scallop height is the distance between PI-point (/)
and the normal point on the part surface (7). In other

words, it is the closest distance from the intersection
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point to the designed surface. Since the Pl-point was
obtained in previous section, in this section, the normal
point will be determined. The method to define the
shape of instantaneous surface refers to a hybrid
analytical-discrete based methodology as proposed by
[8]. Using this method, the shape of an instantaneous
workpiece surface region was defined using three
selected normal vectors. One of the normal vectors,
which was located closest to the intersection point,
vi(x,1; W1; Zy1), was used as a reference vector. A small
portion of the part surface was approximated by a
surface that was a combination of the surface shape in
the x-axis (S.x) and y-axis (S,,) as shown in Figure 5.
The normal point will be obtained by first defining the
projected point on the part surface. The projected point,
I(x1,; Y15 Z1p), 1 a point which was projected vertically
from the intersection point. Because it was vertical
projection, then (xi,; yi1) = (xic; yic)- The z, was
calculated by referring to Figure 5.

1 Rx Sinﬂx1+(xv1 —XIC)

0, =sin” 33
v R (33)
Ry, sin iy +| vy = vy
S5, = sin”!| — ! ( 1 C) (34)
R
y
AZ,, =R, (cosd, —cos iy) (35)
AZ,, =R, (cos J, —cos,uyl) (36)

Once the displacement of projected point from the
reference normal vector (v;) in z-axisof S, (AZ,y), as
shown in Figure 5a, and that of S, (AZ,y),as shown
Figure S5b, are determined, then the coordinate of the
projected point was defined as follow,

z o L
}'l‘)rI Az\y V[
OV (a) |XVy= XIc Ov ®) W= Vic

Figure 5 a) Rotation of the projection line on S, b) rotation
of the projection line on S,

Ip

Xp,3 91,37, ) =(X1c;y1c;(2v1 +AZyx +AZWV)) G7)

By working on surface S,,, which was the surface
where the point 1, was located, then point /, could be
defined. I, is an intersection point between the line
Oplc and surface S, as depicted in Figure 6a. Before
point /, was defined, the orientation of point /, relative
to the surface inY-axis () should be determined. There-
fore, I, and &, were calculated by,

! Ry 51n§y

£, =tan
(ZIC ~zp, )+(Ry coséy)

y

(3%)
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X
Ip

I, (x,g Vg 3%, ) =| 1, -R, (sin§y —sinsy) (39)

7, +R, (cosey —cosé'y)

| Rysineg) |
Sec.A-A
(b)

Figure 6 a) Section A-A of surface S;,, b) inclined surface

The scallop height was then determined by working
on the surface of section A-A. This surface was surface
S, which was inclined by &,. The inclined surface is
presented inFigure 6b. The radius of inclined surface,
the orientation of /, relative to the inclined surface (),
and the distance of point /¢ to point ¢’ were determined
as follow,

R
Ry =—= (40)
Cos Ey
_ )
£, =sin 1[Rx sin—xJ (41)
R;
Iet'=Ic — Iy |+ R cose, (42)

Finally, the scallop height was defined using the
triangle of O; — I — t’, as shown in Figure 6b and it was
expressed by,

hy = \/(Ic_t)z +(R;sing,)” - R, (43)

6. IMPLEMENTATION AND DISCUSSION

Based on the formulae derived in the previous section, a
simulation program using Matlab has been developed.
The proposed method in this study was called Grazing
Toroidal Approximation (GTA). In this section, the
proposed method was tested for a model test as can be
seen inFigure 7a. The verification wasperformed using
large step-over. It was aimed to get high scallop so that
the verification can be performed easier. In this test, 15
mm step-over was selected. The machining conditions
used in the test were feedrate 0.3 mm/tooth and spindle
speed 5000 rpm. A two teeth toroidal cutter with helical
angle 10, diameter 20 mm and a minor radius of 5 mm
was used as the cutting tool. Using GTA, the shape of
machined surface can be generated as can be seen
inFigure 7b. Moreover, the coordinate of the inter—section
point can be determined, and hence the scallop height can
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be calculated. The detailed shape of the scallop and the
intersection point were shown in Figure 7c. The proposed
method was verified using the commercial software
Siemens-NX. The shape of part surface after machining
using Siemens-NX is presented in Figure 7a. From Figure
7a and Figure 7b can be seen that the shape of scallop
generated using Siemens-NX resembled the shape of
scallop generated using the program simulation.
Although the shape of machined surfaces was similar, the
accuracy of the proposed method had to be examined.
Verification was performed by comparing the scallop
height calculated using the proposed method with those
measured using Siemens-NX. The method to measure
cutter workpiece engagement in Siemens-NX was
explained in [6,8]. The scallop height of every cc-points
for one tool pass were compared, and the results are
shown in Figure 7d. From this graph, it is shown that all
of the tests produced relatively small errors.

|
— toroidal
/ cutter

&

= ..//-

©

MR
part

\ surface
1

-
in

. v
v calcualted
—— measured

5 10 15 20 25 30 s 40
(d) CC-points

-

scallop height (mm)
4
n

C)

e

Figure 7 a) machined surface generated using Siemens-NX,
b) machined surface generated using proposed method, c)
the shape of scalllop, d) calculated and measured scallop
height

The ability of the proposed method to check the
effect of helical angle to the scallop was also performed.
For verification, the part as shown in Figure 8a was
examined. The machining conditions used in the test
were feedrate 0.3 mm/tooth, step-over 10.49 mm and
spindle speed 5000 rpm. A two teeth toroidal cutter with
diameter 20 mm and a minor radius of 5 mm was used
as the cutting tool. The inclination angle was set to
decrease gradually during the ramp-up machining
process. In this test, the scallop height produced by the
toroidal tool with five different helical angles, 0, 10, 20,
30, 40, were compared.
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Figure 8 a) model test, b) shape of scallop, c) scallop
height for various helical angles

Using GTA, the shape of machined surface for one
tool pass was generated, as shown in Figure 8b. The
scallop height of every CC-points for all tests were
calculated and the results were presented in Figure 8c.
From this figure can be taken into conclusion that:at the
same machining condition, the helical angle tend to
decrease the scallop height. Moreover, decreasing the
inclination angle will decrease the scallop height.

7. CONCLUSION

In this study, a new method, known as the Grazing

Toroidal Approximation, was developed to generate the

scallop height of helical toroidal cutter during free-form

machining in five-axis milling. The primary contri—
butions of this study include the following;

a. The GTA is applicable to calculate the scallop
height of helical toroidal cutter in five-axis milling
process. It was tested using one-part model.

b. The verification test proved that GTA is accurate. It
was verified by comparing the scallop height
obtained using the GTA with those measured using
Siemens-NX.

c. From the test it was found that increasing helical
angle will decrease the scallop height. On the other
hand, decreasing the inclination angle will decrease
the scallop height.

The proposed algorithm is applicable for calculating
the scallop height of five-axis milling using non-solid
cutter (insert cutter). In the future, the method for solid
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cutter will be developed. Geometrically, solid cutting
tool is more complex than non-solid cutter.
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XUBPUIHA AHAJIMTHYKO-JUCKPETHA
METO/J0OJIOTHAJA 3A N3PAYYHABAIGE
ITYTAIBE PE3HE UBUILIE KO/
XEJIMKOUJHOI' TOPOUJHOTI PE3HOT'
AJIATA ITPA TIETOOCHOM I'VIOJABY

X. Xenapuko

Ilpukazan je HOBM METOJ 3a H3pauyyHaBambE IyTambe
BUCHHE IpeOeHa TOPOMAHOI PE3HOTr ajara Kol obpane
coOOIHMX TIOBPIIMHA TIETOOCHUM TionameM. BucuHa
rpebeHa je neduHHMCaHA Kao pacTojame m3mely Tauke
mpeceka anara U Tayke HOpPMallHe Ha MOBPIIMHY Jelia
Koju ce obOpahyje. Tauka npeceka anata je oxapehena
AQHATUTHYKH TOMONY MeTole CTamHBamba y LHIbY
neduHUCakba LIMPOKE KPHUBE KOI TOPOUIHOI PE3HOT
amata. Y wmehyBpemeny je oxnpeheHa moBpmHHA
HOpPMajlHA Ha MOBPLIMHY JeJia IPHUMEHOM XHOpUaHe
AQHATUTUYKO-TUCKpeTHE MeTononoryje. [TloBpmuna nena
jé OHUCKpeTH30BaHa ca HEKOJMKO HOPMAIHHX BEKTODA,
KOjU Cy T[OTOM yHNoTpeOJbeHH 32 MareMaTHYKO
olpehuBame moBpIIMHE Jena. Y OBOj CTyIUjH je
NPWIMKOM  pa3Boja Mojena pa3MoTpeH edekar
XEMKOUIHOT YIia pe3He uBuie. [IpeanoxkeHn Mozen je
yCHemHo HWckopumiheH 3a TeHepHcame MojJaTaka 3a
NyTalky pe3He WBHIEC 3a JBa Jena ca CI000JHUM
MOBPLIMHAMA HA MOJETy. YTHIaj XEIUKOUIHOT YIia Ha
BHCHHY TpeOeHa je TecTHpaH W pe3yiTaTd MOKa3yjy na
XEIUKOUIHH Yrao TEeXH Ja CMamd BHCHHY rpeOeHa.
Tect Bepudukamuje 3a TPOBEPY  MPEHH3HOCTH
NPEIUIOKEHOI METOJa jeé NPHUMEHEH U Pe3yNTaTH
MOKa3yjy Jia je METO/I MPEeL13aH.
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